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Recall that a face F of a polytope P is equal to the intersection of a family of facets {F; }ics. If we
choose an outward pointing normal vector F; for each facet Fj, then the normal cone of F is spanned
by these normal vectors, i.e. we have Np(F) = Cone({ﬁi}id).

For a pair of faces F, G of P, let us set the notation

#p(F,G) ={H € #p | H intersects a codimension 1 face of Cone(-Np(F)U Np(G))} .

Theorem 1.23 (Universal formula for the bot-top diagonal). Let (P, V) be a positively oriented polytope
in R". For each H € #p, we choose a normal vector JH such that (jH, V) > 0. We have

- i N ———— 5 N R
1) (F,G) e Imap 7 1€ i ;
(2) & VH e %p, AF;, (F;,dy) <0 0r3G}, (Gj,dy) > 0.
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Ne(FY= Cone ( ‘E" ,‘?\.)
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